In this paper, using the method of Diaz-Barrero et al. (2008) 
Introduction
In 1956, Aczél [1, 2] published the following result. Later in 1959 Popoviciu [2, 3] gave a generalization of the preceding inequality. 
A related result due to Bellman [2, 7] 
By means of splitting the sums, Diaz-Barrero [8] obtained the refinements of the preceding inequalities (1.1), (1.2) and (1.3). 
Theorem E. Let n, p be positive integers and let
In this paper, using the method of Diaz-Barrero [8] , splitting the sums, we obtain refinements of generalized Aczél-Popoviciu's inequality and generalized Bellman's inequality. As applications, the integral inequalities are given. 
Main results
Proof. First, we split the left-hand side of the preceding inequality as follows.
From the above expression and the hypothesis immediately we obtain
. Therefore, applying generalized Aczél-Popoviciu's inequality, we get
On the other hand, applying generalized Aczél-Popoviciu's inequality again it follows that 
and the proof is complete.
Note that when In particular, putting m = 2,
we give the refinement and generalization of Theorem E.
Corollary 2. Let p and p be positive real numbers,
, we have the inequality 
According to the course of the Theorem 2 in [6] , we have
Combining the above two inequalities, we hence obtain
into the preceding inequality, we get 
, and let a ij > 0, a
and R(a, p) = (n + 1 − r) 
